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The existence of a symmetric block design for (71,21,6) was still in doubt. 
Similarly as in [l] and [2], we have been using the method of tactical decomposi- 
tions. After examining carefully the initial 28 235 760 000 possibilities very we 
come up with the following construction. Hence this design is not human! 
The 71 points of a symmetric block design D for (71,21,6) are ~0 and 4, where 
1=1,2,..., 10 and j=O,l,... ,6, and the indices j are considered as integers 
mod 7. Then we define the following two permutations p and u of the 71 points, 
which are going to be collineations of D: 
P=~(“)(~o,~l,...,~6),~=1,2,...,101, 
(+ = {(=-4 Wo) WI, K2, K,) U-G, K6, KS), K = L2,3, 10, 
(4i, 52i, 64:) (7i, hi, 94i), i = 0, 1, . . . 7 61. 
We see that p has exactly one fixed point (one fixed line) and cr has exactly five 
fixed points. Also we see that the group G = (p, a) generated by p and (+ is a 
Frobenius group of order 21. Since G has exactly seven point orbits, so G must 
have exactly seven block orbits. The seven basic blocks are 
11=1111111 0123456 22222223333333 0123456 0 1234567 
12~ 1 000124000023 2 3 3 3 3 4 5 6 7 7 7 8 046015 8 8 9 9 9 lOrlO2lO4, 
l,=222 124 333 124 444 3 5 555 613 666 526 77 36 88 65 99 537 
14=111123445566777888999 0365 0 0 15 23 46 345 613 5267 
&=I 365124136265453000 1  333 444 555 666 7 8 9 103106105, 
16=m11 351423 22 33 4444 02360214623 55 777 88 9 5 101102, 
/,=I 1401S3015260350345 1222  444 55 6 88 9999 104105106. 
We see that the block I, is G-invariant. The G-orbits of I,, I,, l4 and 1, contain 
each 7 blocks and the G-orbits of 16 and 1, contain each 21 blocks. We study also 
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the tactical decomposition of D corresponding to the group (a) of order 3. We 
find that the full automorphism group of this tactical decomposition is trivial. This 
shows that the normalizer of (a) in the full collineation group H of D is equal (a). 
But this forces easily that H = G. 
Let D’ be the dual of D. Then D’ has the same group G as its full 
automorphism group. But here operates a collineation of order 3 fixed-point-free 
on the unique G-invariant block. However, our collineation u has exactly three 
fixed points on the unique G-invariant block I, of D. This shows that D’ is not 
isomorphic to D. Hence we have constructed two such symmetric block designs. 
We have proved the following result. 
Theorem. There exists a symmetric block design D for (71,21,6). The constructed 
such design D is not self-dual and its full collineation group G is a non-abelian 
group of order 21. 7’he group G has seven orbits of points (of blocks) of D. 
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